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That the normal forms of the collineations have these properties will be at once evident, and from this it follows that all the collineations of the class have the property in question, since the properties mentioned are obviously all protective. That the properties mentioned are really characteristic properties, that is, serve to distinguish one class from another, can only be seen a posteriori, by noticing that no one of the properties mentioned is shared by two classes.
[111]     Three distinct non-collinear fixed points.*
[(11) 1] Every point of a certain line and one point not on this line are fixed.
[(111)] The identical collineation.
[2 1]        Two distinct fixed points.
[(2 1)]      Every point of a certain line is fixed.
[3]          One fixed point.
In all these cases the collineation is non-singular. The remaining collineations are singular. In the next three, one point P of the plane is not transformed at all, while all other points go over on to a line p which does not pass through P, and every one of whose points corresponds to an infinite number of points.
0
[111]    There are two fixed points on p.
0
[(11) 1] Every point on p is fixed.
o [2 1]        One fixed point on p.
In the next two cases one point P is not transformed at all, while all other points go over on to a line p which passes through P, and every one of whose points corresponds to an infinite number of points.
[2 1]  One fixed point. [3]     No fixed point.
The remaining collineations are so simple that they are not merely characterized, but completely described, by the property we mention.
0    0
[(11) 1] The points on a certain line are not transformed. All other points go over into a single point which does not lie on this line.
* It should be understood here and in what follows that the" fixed points which are mentioned are the only fixed points of the collineation in question.